Here L is any linear, uniformly and strongly elliptic, self-ad joint, second order partial differential operator with only, second order terms and with real-valued, bounded measurable coefficients for its corresponding Dirichlet bilinear form* Here p and h are any real-valued, bounded,, continuous functions. It is assumed that there exist constants 7^ and 7 N+ι such that a N < Ί N ^ p(z) ^ 7^+i < a N ± x if or every z in D x Λ* +1 ..^(here a N and a N+1 are the negatives of successive weak eigenvalues of L).
The present paper may perhaps best be viewed as a generalization of [4] . AlthotίgK other generalizations are made,-the main result is that the assumption that L is self-adjoint can be replaced by the assumption that L is "normal": roughly, LL* =' L*L. Two examples at the end of the present paper show in what sense the result is best-possible and show that uniqueness can not be expected.
As in [4] , the final existence result is proved using Schauder's theorem. In the solving of a preliminary linear-problem, a contraction mapping and tίie faet that the spectral radius of a normal operator is equal to its norm replace the argument; in [4] based on the maximun characterization of the eigenvalues and a comparison result for selfadjoint operators. We say that λ is a weak eigenvalue for A corresponding to weak eigenfunction u if u Φ 0 is a solution of the generalized Dirichlet problem for Au = λw.
With the assumptions on A made above, Garding's inequalityholds (see S. Agmon [1] , p. 102): (1) Re B [φ, φ] (u, u)] 112 .
An easy calculation shows that || \\ B is bounded above by a multiple of the || || m norm. Since Garding's inequality shows that it is also bounded below, these two norms on H£ m) (Ω) are equivalent. We are assured by [1; p. 102 ] that the generalized Dirichlet
3* Preliminary lemmas* Lemma 1, of interest in itself, greatly simplifies the proof of Theorem 2. Lemma 2 gives an elementary proof of the fact that the operator norm of a normal operator is equal to its spectral radius. Lemma 3 gives conditions under which a differential operator is "normal" in the sense required by this paper. Lemma 4 introduces an operator T and Lemma 5 finds an upper bound for ||w^T||. These last two lemmas will be used immediately in Theorem 1.
LEMMA 1. T Q is compact as a map from L 2 (Ω) to H^m ) (Ω).
Proof. Let {f k } be a sequence in L 2 (Ω) with ||/ fc ||<;r. Since Ω is bounded, N. Dunford and J. Schwartz [3; p. 1693 ] assure us that is compact. There is therefore a subsequence {gj of {/*} such [3] , p. 874). Thus ||iV 2 || = ||iV|| 2 . By induction ||JV P || = \\N\\ P whenever p is a power of 2. The spectral radius of N is given by the expression lim||JW (see [3] , p. 864) .
p->oo
Considering the subsequence involving only those p which are powers of 2, the result follows. 
LEMMA 5. Assume that ^f 0 is a normal operator and that I z -To I ^ c is a disk in the complex plane which contains the negative of no weak eigenvalue of A. Then \\^T\\c < 1, where T is the
Since ||^^Γ||c < 1 by Lemma 5, the map is a contraction as claimed. (β) to G(w), {G(^f c )} itself converges in H^m ) (Ω) to G(u), proving continuity. Now we show that G is compact. Let {u k } be a bounded sequence in H^m ) (Ω) . Then the sequence {h (x, u k 
, so the fact that T is compact assures us a subsequence of {G^)} which converges in Hi m) (Ω).
6. Examples and a remark* EXAMPLE 1. If the disk D includes the negative of a weak eigenvalue λ of A, let v be a weak eigenfunction of A* corresponding to the weak eigenvalue λ. If h(x) is any bounded continuous function on Ω such that (h, v) Φ 0, then the generalized Dirichlet problem for Au + Xu ~ h has no solution, since the Fredholm alternative applies [1, p. 102] . It is in this sense that Theorem 2 is best possible. It is interesting to note that this condition is also sufficient. To see this, given an / satisfying this growth condition, define p to be the closest point in D to -flu for any values of the arguments with |M| Ξ> 1,-.. Then extend p so as to be defined also for \u\ < 1, so as to be continuous overall, and so as to have each of its values in D. Then set h = / + pu. (For | u \ ^ 1 we have \h\ ^ r, but for \u\ < 1, although h as given in the above construction is bounded, we are not assured that \h\ <Ξ r.)
